Preliminaries
We require some standard facts from differential geometry which may all be found in [6] . Let E(n) denote the group of isometries of R". So E(n) is the semi-direct product O(n). R", where O(n) is the orthogonal group. We may consider a compact flat manifold as the orbit space Rn/r where I is a discrete uniform subgroup of E(n).
Such a group I is called a crystallographic or Bieberbach group. Two of the Bieberbach theorems on these groups are :
Zf r c E( n is a crystallographic group then r n R" is a ) normal subgroup ofjnite index in I-, and any minimal set of generators of r n R" is a vector space basis of R" relative to which the O(n)-components of the elements of r have all entries integral. THEOREM 
(Bieberbach).
Any isomorphism f: r -+ IX of crystallographic subgroups of E(n) is of the form y + ByB -'for some a&e transformation B: R" + R".
Theorem 1 is as stated in [6; 3.2.11, and Theorem 2 is as stated in the proof of [6; 3.2.21.
Moreover r/I n R" is isomorphic to the holonomy group of M, [6; 3.4.61. Henceforth, we will write A for I' n R" and F for I/I n R". The corresponding exact sequence is 0 -+ A -+ r + F-t 0; it will be called the exact sequence associated to M. Recall that an invertible affine map B: R" + R" projects to an endomorphism of M = R"/lY if the map y-+ByB-' maps I into itself that is BTB -' c I-. The induced map on M is an expanding endomorphism if the eigenvalues of the linear part of B are all greater than one in absolute value; in which case the induced map on M is called an affine expanding endomorphism.
$2. CONSTRUCTION OF AFFINE EXPANDING ENDOMORPHISMS
We begin with examples of affine expanding endomorphisms of the n-torus, T". Consider T" as R"/Z" where Z" is the integral lattice. Let B, be an n by n matrix such that all the entries of B, are integers and all the eigenvalues of B, are greater than one in absolute value. B, may be thought of as a linear map B: R" +R" such that B(Z") c Z". Thus considering Z" as a group of translations operating on R", B(Z") c Z" and B defines an affine expanding endomorphism of T". Examples of such B's are provided by k. I,, where k is an integer not equal to -1, 0, or 1 and I,, is _the identity map of R".
The torus, T", corresponds to I-= r n R" = A. We now consider the case where F has more than one element. The symbol IF 1 denotes the order of F.
Notations
Let B: R" -+ R" be an affine map. Then B = L, + vg where L, is a linear map and us denotes translation by the vector zig .
We will prove the following theorem: As an immediate and obvious corollary we have:
COROLLARY. Any compact jlat Riemannian manifold is a non-trivial covering space of itself.
We proceed as follows: We look for a commutative diagram 
